The main aim of this article is proving properties of bilinear operators on normed linear spaces formalized by means of Mizar [1] . In the first two chapters, algebraic structures [3] of bilinear operators on linear spaces are discussed. Especially, the space of bounded bilinear operators on normed linear spaces is developed here. In the third chapter, it is remarked that the algebraic structure of bounded bilinear operators to a certain Banach space also constitutes a Banach space.
Real Vector Space of Bilinear Operators
Let X, Y, Z be real linear spaces. The functor BilinOpers(X, Y, Z) yielding a subset of RealVectSpace((the carrier of X × Y ), Z) is defined by (Def. 1) for every set x, x ∈ it iff x is a bilinear operator from X × Y into Z.
Let us observe that BilinOpers(X, Y, Z) is non empty and functional and BilinOpers(X, Y, Z) is linearly closed.
The functor VectorSpaceOfBilinOpers R (X, Y, Z) yielding a strict RLS structure is defined by the term kazuhisa nakasho Let us consider real linear spaces X, Y, Z. Now we state the propositions:
Real Normed Linear Space of Bounded Bilinear Operators
Let X, Y, Z be real normed spaces and I 1 be a bilinear operator from X × Y into Z. We say that I 1 is Lipschitzian if and only if (Def. 3) there exists a real number K such that 0 K and for every vector x of X and for every vector y of Y,
Now we state the propositions: 
Now we state the proposition: (ii) a · f = |a| · f , and
Let X, Y, Z be real normed spaces. Observe that NormSpaceOfBoundedBilinOpers R (X, Y, Z) is non empty and NormSpaceOfBoundedBilinOpers R (X, Y, Z) is reflexive, discernible, and real normed space-like. Now we state the proposition: g(x, y) . The theorem is a consequence of (19).
Real Banach Space of Bounded Bilinear Operators
Now we state the propositions: Reconsider t 1 = f as a function from X × Y into Z. For every points x 1 , x 2 of X and for every point y of Y, t 1 (x 1 +x 2 , y) = t 1 (x 1 , y)+t 1 (x 2 , y). For every point x of X and for every point y of Y and for every real number a, t 1 (a · x, y) = a · t 1 (x, y). For every point x of X and for every points y 1 ,
For every point x of X and for every point y of Y and for every real number a, t 1 (x, a · y) = a · t 1 (x, y). t 1 is Lipschitzian by [6, (18) ], [9, (20) ], (16). For every real number e such that e > 0 there exists a natural number k such that for every natural number n such that n k for every point x of X for every point
e · x · y by [10, (8) ], (23). Reconsider t 2 = t 1 as a point of NormSpaceOfBoundedBilinOpers R (X, Y, Z). For every real number e such that e > 0 there exists a natural number k such that for every natural number n such that n k holds vseq(n) − t 2 e. For every real number e such that e > 0 there exists a natural number m such that for every natural number n such that n m holds vseq(n) − t 2 < e. For every point u of the real norm space of bounded linear operators from X into the real norm space of bounded linear operators from Y into Z, u = I(u) and for every point x of X and for every point y of Y, I(u)(x, y) = u(x)(y). For every object y such that y ∈ B there exists an object x such that x ∈ L 1 and y = I(x) by [5, (12) ].
